Abstract. In this paper we prove that if R is a Prüfer domain, then the R-module R ⊕ R satisfies the radical formula. Let M be an R-module and N a submodule of M. The envelope of N in M which is denoted by E M (N) is defined to be the set
Proof. Clearly, for any prime ideal P of R containing I, P⊕R is a prime submodule of R 2 containing N. Thus, rad R 2 (N) ⊆ √ I ⊕ R. Similarly, rad R 2 (N) ⊆ R ⊕ √ J. Hence rad R 2 (N) ⊆ √ I ⊕ √ J. Now take (x, y) ∈ √ I ⊕ √ J. That is x k ∈ I and y t ∈ J for some k, t ∈ ‫ޚ‬ + and x k (1, 0), y t (0, 1) ∈ N. Then (x, y) = x(1, 0) + y(0, 1) ∈ E R 2 (N) . Since we always have the other inclusion, rad R 2 Proof. 
Since D is a valuation ring and the ideals of D are totally ordered, we may assume
Clearly φ is an isomorphism and φ(N) = B ⊕ Db k where B is an ideal of D and
is not a finitely generated ideal, but π 1 (N) or π 2 (N) is finitely generated. We may assume that π 1 (N) is finitely generated. Clearly π 1 (N) is nonzero. (If it is zero then N satisfies Case 1 and result is clear.) Then π 1 (N) = Da t for some t ∈ I. Since π 1 (N) + π 2 (N) is not finitely generated there are infinitely many principal ideals generated by elements of π 2 (N) containing Da t . Then there exists an •
Let condition (b) be satisfied. That is there is a k < i such that Db k Db i . Assume a k = 0 (otherwise result is clear), then 
